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Problem 1 (20 points)
Answer the following questions:

- a. Let X follow the Poisson distribution with parameter ). Show that
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Then use this result to find EX3. 
Ey}= ) F.tX+\)2-

X n -*X X tt-o E*= )
EX Xn-t '-- Z x xt\-t P{x)

x
- p .n-r lYe-7- ?'o*x' ' -x\

__vs-z_ {.*-, {fx--D Cx-r)r.

= ) E- xn-, l3l)
x?D fx-r)r

€ {xr rln-t --Ztxtt)n-\ P tx)
x

- * *fl-\ A] e'vT 
o 
[x+ t)'' 

-X; 
l

ob r\-r lle-A.--frot*" '-
--? txr\j\ r lrq;?
U

I n) trr -r)( n-z) lvr:3) >-ffitd \q 2''- "-!.'., <\
# n4-\o$3+r\nz-vn z S.oeA)

rn > ]r:lCI.l

tcal--X-l
{: rf + \

R ,t^lAr-n *'-l
lY+'t) -- D

- lt)( #,\: \.,^' t
'['4) t dt') r \n l-

=^F-,,,''l'1' ^]t", 4**
A IEx"+ ZE"x * t) g.rorn

:A{Az+}t2l+r)
lb+'31'17

i Exr = 1 F--{xtt)z '- h'€ t xltzxt)r)

Suppose there are n people in a room. Compute or explain how to find the minimum value of n so that the probability
that-1g :!o:[..!henn have the same birthday is less than * using the Poisson distribution.
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Problem 2 (2O points)
Answer the following questions:

a. Compute the expected value a,nd standard deviation of the mini,mum number when two dice are rolledn You will have
to find the distribution of the minimurn (X) first (i.e. complete the table below).
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b. Suppose that A, B, and C are three events such that
A, B are disjoint,
A, C a,re independent, and
B, C are independent.
Suppose also that AP(A):zP(B): P(C), and P(Au6lu C):Sp(A).
Determine the value of P(,4).
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Problem S (2O points)
Answer the following questions:

i. Consider the casino roulette game. If a player bets $l- on a single game and we let X be the casino's.profit we get the
following probability distribution:
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In 500 such games, what is the ecact probability that the casino will make more than $200? You don't need to compute
this probability, but you must write the e:cact expression.
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The probability of receiving a one pair poker hand (for eriample A, A,4,5, 10) is 42%. Find the probability that the 6th
one pair poker hand for a player will be observed on his 10th game.
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Problem 4 (2O points)
Answer the following questions:

q. A company rents luxurious cars to customers for recreational purposes. Customers must rent these cars for the entire
day. A decision must be made about how many of these cars the company must have. They don't want to have too
many cars but at the same time they don't want to turn customers away due to lack of cars availability. Suppose that
from experience we know that the number of customers follows the Poisson distribution with ,\ : 6.1 per day. The owner
of the company would like to find the minimum number of cars so that, with probability 907o or more, all the customers
will get a car. Explain how you will be able to find the minimum number of cars. You don't need to submit a final
answer as this will take long, but please be very specific. One should be able to find the number of ca.rs by reading your
solution!
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d. Refer to part (b). What is the probability that it will take between 6 and 16 days (including) until the company observes
a day with at least nine customers?
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b. Refer to part (a). Suppose that the number of customers follows the Poisson distribution with ) = 6.1 per day. The
probability that at a.ny day at least nine customers will show up is 0.L6. What is the probability that it will take more
than 13 days until the company observes a day with at least njne customers, ryo .
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Problem 5 (2O points)
Answer the following questions:

a. In a certain city, taxis are easily identified by rooftop lights. There are two taxi companies in this city, Green and BIue,with taxis colored accordingly. one night, there is a hit-and-run accident involvin! a taxi. The vehicle was clearly ataxi, as multiple witnesses saw the roofbop light. However, only one witness (Mr. AJ claimed to be able to identify ihetaxi by color' Mr. A claimed that this was a Green taxi. Here are some important facts:
Mr. A was given an identification test under lighting conditions similar to those the night of the accident. When thetaxi was blue, he identified it correctly SoVo ol the time. When the test taxi *" g.""n1h" identified it correctly g0Zo
of the time. A number of other people were given the same identification test, 

"oJ 
th"y also produced the same g0%

probability that Mr' A got. Also, we know that in this city, 857o of the taxis are Blue.

what is the probability that the accident was really committed by a Green taxi.

?(ra lra Q) = P t bnrd t")
-,,, ,;m;; ., .,

?iil b)-- P(adb n b) rP Lrdb n ic)

': ? [Tdb \B)Ptb) * PL:td b ttt)PLto)

= .2(,bb)f .t(,i5) = .Zq

$ [, r5)p(urrdb): 'J\! =,4\4

?fiw,Lv 11k*,"' !99-$: cot\[tttsr{ b''-t t:r P-en "r S .4 \1

-' 'l

\{

A purchaser of electrical components buys them in lots of size 10. It is his policy to inspect 3 components randomly
from a lot and to accept the loloaly-U e\L compoDents are nondefective. If 30 p".""tti of the lots have 4 defective
compotrents and 70 percent have only 1, wha-propofrEn of lots does tire purchasei teject? Hint: It will be easier first
to compute the proportion of lots that the purchaser accepts. r ra\ . a , t \n
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